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EKOQNHZEIZ

OEMA 10

OTI X1,X2,...,Xk €Ival Ol TINEG MIAG PETABANTAC X, Mou agopa
iygaTog peyéBoug v, onou k,v pn pNOEVIKOi  (QUAIKOI

paderar anoAuTn ouxvOoTNTA Vi, NOU AVTIOTOIXEI OTNV TIUA Xi, i
2,...,k;
1=rs r'™~s

Movadsg 3
B. Ti ovopaleral OxeTIkn ouxvoTnTa fi TNG TINAG Xi,
i=1,2,.,k;
Movadeg 3
Y- Na anodei
i) 0<fi<l yiai=1,2,.k
i) fi+fh+ ..+ fc=1.
Movadsg 4

B.1. Ta onoiadnnote acupBipacT
delypaTikou Xwpou Q va anodesi&eTe OTI:
P(AUB) =P(A) + P

evdexopeva A, B &vog

B.2. a. Na 0woeTe Tov KAAQOIKO OpIOUO TNG MBAvOTNTAG £VCE EXOMEVOU A

KAnolou JEIYUATIKOU Xwpou Q.

B. Na dWOETE TIG ApIBUNTIKEC TIMEC TWV NAPAKATW MIBAVOTNTWV.
i) P(Q) i) P (9).
Movadeg 2



OEMA 20

Aiveral n ouvaprtnon f(x) = 2x

X+1
a. Na BpeiTe To nedio opiopoy TNG cuvapTnong f.
Movadsg 4
B. Na unoAoyiosTe To 0plo lim f(X) .
X—>3
Movadsg 4
Y- TN napaywyog tng f.
Movadsg 7

€panToOPEvEG TNG KaunUANG TnG ocuvaprtnong f nou eival
nv euBeia y = 2x + 5.

Movadsg 10
OEMA
'Eva npoiov nwAsitar o 10 1 _KATAOTAPATA OTIC NAPAKATw TIUEG, OF
Eupw:
8,1 , 13,15, 16, 18, 14, 14, 9.
a. Na unoAoyiosTe T N TR, TN OIAUECO Kal TNV €nikpaTtolaa Tiun.
Movadeg 6
B. Na unoAoyioete To €Upog, TNV Tumikf anc KAl TOV OUVTEAEOTN
METABOANG.
Movadeg 6
Y- Av oI TIHEG TOU NPOIOVTOG O OA@ Ta KATACTN unoaToUv éknTwon 10%,
va €&eTaoeTe av Ba PeTaBANBEI 0 CUVTEAEDTT,
adeg 13
OEMA 40

'Eotw A,B dUo0 gvdexopeva evog deiypaTikoU Xwpo
P(A) + P(B) # 2P(A ~ B).

AiveTal akopa n cuvaptnon:
f(x) = (x - P(AUB))® - (x - P(A~B))®, xeR.

a. Na dei&eTte 611 P(ANB) = P(AUB).

Movadsg 5
B. Na Oci€ete oOT1 n ouvaptnon f(x) napouoialel PEYIOTO OTO  CNUEIo
. P(A)+P(B)
2
Movadeg 13
Y- Edv Ta evdexopeva A, B sival acupBiBacTa, va deiete omi f(P(A)) = f(P(B)).
Movadsg 7



ANANTHZEIZ

OEMA 10

a) Ovopaloupe anoAuTn ouxvoTNTA, TO PUCIKO APIBUO Vi, 0 0Moiog OsiXVEl NOOEG
(POPEC su@avileral n TIUA X; TNG €&eTalopevng PETABANTAG X OTO CUVOAO TWV
napaTnprnoswy Vv.

B) Ovoua(ouus O'XETIKI'] ouxVvOTNTA TOV CIpI9|J0 fi nou I'IpOKUI'ITEI av dlaIpEgoupE

ii) '‘Exoupe

fi+fo+ . +fi=

B. 1.
Kavoveg Aoyiopol Twv MBavot)Twv Oty . 150 axoA. BiBAiou.
B.2 a.
'Eotw Q o0 OsiypaTtikog Xwpog £vog neipaua
evOeXOUEVa.
Opiloupge G mBavotTnTa TOU  €VOEXO
IT\n006 Evvoikav Iepummtocemnv

TUXNG ME 10oniBava anAa

A c Q apiBuod

P(A) = =
I[TAn0o¢ Avvatav [eputtircey N(Q)
B.2.B.
(i) P(Q) =
(i)  P@) =
OEMA 20

(a) Mpéenel x+1 =0, ondTe X # -1
'ApG Af=iR'{'1}

W) /) :( 2x j _ (2x)'(x+1)—22x(x+1)' _
x+1 (x+1)



2(x+1)-2x 2x+2-2x 2
(x+1)° (x+1)° (x+1)°

(8) Avaintoupe x, e R—{-1}wore f'(x,)=2

2
'Opwe: "(x) =
Hog: (%) et 1)
onoTe:
2

=2o2=2(x,+1)° &

apn¢ €ival Ta

A(0,f(0)) = (0,0) kai
£(-2)) = (-2,4).
TOMEVWV €ival :

J(0)= 1" (0)(x~0)

apa
y=2
e 3TO oneio B(-2,
y=f(=2)=f'"(-2)(x+2)

y=4=2(x+2)

apa

Snusinon:

Q¢ anavtnon otnv €UPeon TWV EEICWOEWV
punopouoe va dobei kal n akdAoubn:

e 'EoTw y = ax+B n €€iowon TNG EpanTouEvng TNG

A(0,0).

Tote: a=Ff(0)=2

Kal 0=20-B apa B=

Ondéte y = 2x

e 'Eotw y = a'x+B' n €€iowaon TNG spanTopEvng TNG KapnuAn
B(2,4).

Tote: a' =f(-2)=2

Kal 4=2(-2)+p apa B=38

Onote y = 2x+8



Xj Vi ViXj
8 1 8
9 1 9
10 1 10
13 2 26
14 2 28
15 1 15
16 1 16
1 18

130

m:13

dopéva o au&ouoa OsIpa EXOUNE:
13 14 14 15 16 18

=13, 14.

H diakUpaveon s? sivar:
s* =L [8-13)° + (0-13) +(10-13)" +2(3-13)’

10 (15—13)2+(16—13)2+(18—13)2]=

:%[25+16+9+2+4+9+25]:1

Apa s:\/s_2:3

3
kar CV, :éz—
x 13
MNepinou 23%.
y). Eotw vy, i =1, 2, ..., 10 oI TINEC NMou NPOKUNTOUV WETA TNV EKNT aTa

10% 1 100dUvapa pe noAAanAaciacpd katad 0,9. H vea peol gival

y=0,9%, evw n véa Tunikn anokAion ivar s, = 0,9 o 54
'ETol 0  VEOG  OUVTEAEOTAG  METABOANG nmou  np TEl  €ival

0,9-
cv, =2 _qy,
0,9-x X

3

Enopévwg dev Ba peTaBAnBei 0 CUVTEAEDTNG METABOANG.



OEMA 40

a) Ano Tnv unoBeaon £XOUUE: P(A)+P(B) = 2P(A ~ B)
ONnA. P(A)+P(B) - P(A~B) # P(A n B)

o P(A U B) = P(A ~ B)
B) Eivar: f'(x)=3(x-P(AUB))’ -3(x ~P(AnB))’ xR
Akopn: F'(x)=0 < 3(x ~P(AUB))’ -3(x ~P(AnB))’= 0

x—-P(AUB)=x-P(AnB)
& l

x -P(AUB)=-x+P(AnB)
(AUB)=P(AnB) advvaro
n
2x = P(AnB)+P(AUB)=P(A)+P(B)
= P(A)+P(B)
2

(x ~P(ANB))’ >0
~P(AUB)+x-P(AnB))>0
< (P(ANB)-P(A [2x - (P(A UB)+P(A " B))|> 0
& (P(A " B)-P(AUB))[2x - (P(A) + P(B))] >0 (1)
OpwG: A~BcAUB=P(AA~B)<P(AuUB)
Kal eneidn: P(A ~n B) # P(A U B)
givai: P(A ~ B) < P(A U B)
ETol: P(A~B)-P(AUB
onote: (1) & 2x < P(A)+P(B)
P +PB)

Eniong: £(x)>0 < 3(x —
& (x—P(AUB)-x +

AvTioToixa npokunTel OTI: £ (X)<0 < X >

P(A)+P(B)

‘Apa n f napouaialel max yia x = 5

Y) AQOUA~B=0=PA~B)=0 (1)
Kal P(A U B) = P(A)+P(B) (2)
Era:  f(P(A))=[P(A)-P(A UB)] - [P(A)-P(A ~NB)J

1,(2) 3 3
= [P(A)-P(A)-PB)] - [P(1)]

= -P’(B) - P’(A)
f(P(B))=[P(B)-P(AUB)| - [P(B)- P(A " B)J

1.(2) 3 ;
= [P(B)-P(A)-P(B)] - P*(B)
= -P*(A) - P*(B)
Apa: f(P(A)) = f(P(B)).





