AATEBPA TENIKHZ NAIAEIAZz B' TASHZ
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EKOQNHZEIZ

OEMA 10

A.

Na anodesi&eTe 0TI 0 V°S OpOC WIAG apIBUNTIKAG NPoOdOU YE NPWTO OPO d; KAl
dlagopa w €ival a, = a; + (v-1)w.

Movadeg 7
B. Na yp@uers oto TeTpadld 0ag TO YpPAUMA MOU QAVTIOTOIXEI OTn OWOTN
anayTnon.
Av log.0 = X, TOTE:
a.a® = x Bux® =6 y.a*=10
Movadeg 3
. Na ypayetredoro TeTpadid 0d¢ TO YpAUUaA MOU AVTIOTOIXEI OTn OwoTn
anavTnon.
Av S, GUpBoAilel To aBpeioua TWV APWTWV V OpwWV MHIAG YEWUETPIKNG
npoodou a, Ye Aoyo A # 1 kal npwTo O0po a;, TOTE €ival:
A—1 A =1 1-AY
a. S, =q 1 B./S, =0, "1 Y- S, =q "1
Movadeg 3
A. Na ypayste oTO TETPAdIO 'GAC TO YPAUUA MOU AVTIOTOIXEI OTR OWOTH
anavrnon.
O TUNoG nou ek@palelrTnv epanToPevn TNG ywviag 2a sivai:
a. ghp2a :28—4)(; B. g$2a :28—4)02( Y. €020 :LOL2
1-edp“a l+eda l-eda
Movadeg 3
E. Na ypaweTe oTo TeETPAdIO 0AG TIC NGEAKATH NPOTACEIG 0pOA CUUNANPWUEVEG:
a. O BaBuog Tou yivousevou OUOTUR PNOEVIKWV AOAUWVUU®Y £ival i00G PE TO
....... TV BABUWV TWV NOAUWVUHWY QUTWVA
B. Tpeig un undevikoi apibuoi a,B,y €ival 51adoXIkoi Opol ....... npoodou, av
Kal povo av 1oxvel B2 = ay.
Y. Av a sival &vag BeTikog apiBuoc kar a#l, T10TE n cuvaptpon f(x) = a*
EXEI OUVOAO TINWV TO OIACTNHA .......
Movadeg 9
OEMA 20
MNa kabs npayuaTiko apiBuod x va anodeieTe OTI:
ouvx(nNu2x + 4nux) = (ouv2x + 40uvx + 1)nux
Movadeg 12
Kal va BPEiTE EKEIVOUC TOUG NpaypaTikoUg apiBuolcg X yia Toug onoioug
ouv2x + 4ouvx + 1 =0.
Movadeg 13



OEMA 30
Aivetal n akoAouBia pe yevikd 6po a, = -11 + 2v pe npwTo 6p0 a; KaBwg Kal To
NOAUOVUNO P(x) = x3-3x%-x+3.

Na anodesi&ste 0TI n akoAouBia a, e€ival apiBunTIKA NPoodog Kal £XEl NPWTO
0po a; = -9 kal diapopd w = 2.

Movadeg 9
Na Bpeite To dBpoiopua S = aip+0Ass+...+021, ONOU  Ayy, Ay3, ..., Oz1  Eival
diadoxikoi 6pol TG npoddou ay.

Movadeg 7
Na anodeifete 0T o1 pilec TnG e€iowong P(x) = 0 esival diadoxikoi 6pol TNG
napanay¥® npoodou ay.
Movadeg 9

Movadeg 6
Movadeg 10

Movadeg 9




ANANTHZEIZ

OEMA 10

A. Oewpia nap. 3.2 oeA. 95.

B. H owoTtn anavtnon €ivai ny

. Howot) anavtnon sivai n B

A. H owoTh anavtnon sivai n a

E.a. O BaBuodg Tou yivousvou U0 PN HNJEVIK®WV NOAUWVUHWY Eival i00G PE TO

Akoun:

OEMA 3o

Y-

TwV BaBu®V TwV NOAUWVUU®Y AUTOV.

undevikoi apiBuoi a, B, y sivar diadoxikoi 6pol FTEQMETPIKHZ
kal uovo av ioxVsl: B? = avy.

G BeTIKOG apIBuoG kal a# 1 ToTE n ouvaptnon f(x) = a* £xel

siaornua  (0.+°).

M2X + 4nux) =

= QUVXNH2X + 4nuXouvx
2NUXOUV2X + 4nuxouvV
nux(20uv?x + 4cuvx
nux(ouv2x + 1 +
(ouv2x + 4ouvx

Ouv2X + 40uvx + 1 =0 <
< 20Uvx -1+ 40uvx +1 =0
< 20uvx(ouvx + 2) =0 <

< ouvx = 0 | ouvx = -2, (aduvar
&S X =K+ n/2 ek e Z.

Enesidn eivai:
Qust - Gy = [-11 + 2(v+1)] = [-11 + 2v] = (-11 + 2v + 2)
=-11+2v+2+11-2v=2vyiakdbev € N7,
npokUNTel OTI n akoAouBia a, = -11 + 2v pe v
npo6odog HE:

e Mpwtodpoa;=-11+2'1=-11+ 2 =-9kal
e Algpopa w =2

'‘Exoupe:

S=ap+ai3+ ... +ay =

= (-114+212) + (-114+2:13) + ... + (-11+221) =
= (-11)'10 + 2.(12+13+...+21) =

:—110+12+21-10: -110 + 3310 = -110 + 330 = 220

EXoupe P(x) =0 & x*-3x’-x+3=0 <
X*(x-3)-(x-3)=0<© (x-3)(x*-1)=0 <
(x-3)(x-1)(x+1)=0
Apax=3RQAx=1nx=-1.



Enopevwg via:

e X=3€X0UNe: 3 =-11+2vS 2v =14 & v =7,

e X=1¢€xoupe: 1 =-11+2v &S 2v =12 & v =6,

e X =-1gxoupe: -1 =-11+2v < 2v =10 & v =5,

Apa:

e H pila x = 3 eival 0 7°° 6pog TnNG akoAouBiag (dnAadn o ay).
e Hpila x = 1 gival 0 6° 0pog TnNG akoAouBiag (dnAadn o as).
e H pila x = -1 €ival o 5° opog Tng akoAouBiag (dnAadn o as).

Znueiwon:
To epwtnua (B.) 6a ynopouos va anavTnBei kal wg €ENG:
o, +0
1% 1pofiog: = —=—2.10

2%57ponoc: S =Sy - S11 00U S,;=a;+ A+ ... + A+ ... + 0y
KarSi;i=a;+a; £ ..+ ag

OEMA 40

a. [penél
o X _-2e+3>0 (1)
OtToupE e* =y > 0 kal £XoUpe
y>-2y +3>0 (2)

Kal eneidn A = 4 - 12 = ;8 <10)

npokUNTel 0TI n (2) aAnBelel yia kabs yeR, apa kai n (1) yia kabe xeR.
Enopévwg 1o nedio epiopou Tng f eival To R.

e e-1>0 ©% >1 < e > e’ Enadf n ouvaptnon y = e* cival
yvnoiwg av&ouoa oto R npokunTel 611 X > 0. Enopevwg 1o nedio opiopoU TNG

g sival o draotnpa (0,+°).

B. ‘'Exoupe:

f(x) = g(x) & In(e** - 2e* + 3) =Un3 + In(e* - Y &

& In(e* - 2e* + 3) = In(3e* - 3). Apa?

e -2e+3=3e-3=e¥*-5"+6=0.

Ot¢Toupe e =y > 0 ka1 £XOUPE y° - 5y + 6 = 0.

AuvovTag, Twpa, Tn OsuTepoBaduia Eiowon AauBAVOUE:
y=2ny=23.

MNa

e y=2c¢exoupe e* =2 ondte x = In2

e y=3¢exoupe e* =3 ondte x = In3

O1 napanavw pilec eival OekTEC apoU avrnkouv oTo (Ov+°0), TO OMNOIOfAMOTEAEI
Kal TNV Topn Twv nediwv opioyol Twv cuvapTnoswy f kai g.

Y. ‘'Exoups:
f(x) > 2g(x) < In(e¥ - 2e*+ 3) > 2[In3 + In(e*- 1)] &
o In(e* - 2e* + 3) > 2In(3e* -3) &
& In(e* - 2e* + 3) > In(3e* - 3)°

Eneidn n ouvaptnon h(x)=Inx €ivar yvnoing al&ouoa oTo (0,+) npokUNTEI
oTI

e -2e"+ 3 > (3e*-3)’ = e¥-2e*+ 3 > 9e**-18e*+ 9 &

o 4e*-8e*+3 < 0.

©¢Toupe e*=y>0 kal £XOUWE:



4y’-8y+3 <0 & 4(y —%)(y —%) <0

o (1/2) <y < (3/2) & (1/2) < e < (3/2) & "2 <y < /2,
Engidn n ouvaptnon y = e* sival yvnoiwg au&uoca oto R, npokUNTe! OTI:

lnl<x<1n3c>1n1—1n2<x<1n3
2 2 2

3
X€E [—lnz,lngj Jopwe, eneidn xe (0:+0) Advw e TopAg Twv nediov

opiopoU Twv cuvaptioswv f(x) kal g(x) npokunTel OTI N AUON TNG aviowong

al 1-1 gro (O.+°)» ywpic, OMWG, N NAPAAEIYN TOU va EXEI
HMOAOYIKEG any






