MAOHMATIKA

KATEYOYNIHX I'' AYKEIOY & EIIA.A. B’
27 MAIOY 2013

EKOQNHXEIX

OEMA A

Al.

A2.

A3.

A4,

‘Eoto f o cvveyng cuvdpmmon oe éva ddotua [, f]. Av G givon pia Ttapdyovoa
™m¢ f oto [a, f], T01e va amodeilete Ot

B
["fad=G(B)-Gla)
Movaoseg 7
Na dwtvndcere to Oeopnpo Méong Tiung Tov Awgopikod Aoyicpov (0.M.T.)
Movaosg 4
[Tote Aépe 6Tt Lo cuvdptnon £ eivor mapoywyicun o éva kKAewotd didotnua [a, ]
ToVL ediov OpLoHOY NG,
Movaosg 4
No. yopoxtnpioete tig mpoTtioels mov akolovfody, Ypopovias oTo TETPCOIO 060G OITAa
010 Ypouue. Tov ovtioTolxel oc kals mpotoon T AEcn Lweto, av n mpotoon eival
owoth, N Adbog, av n Tpotoon eivor AovOaouévy.
a) H e&iowon |z —zo| =p, p > 0 mopiotdvel Tov KOKAO pE kKEVTPO TO onpeio K(zo) kot
axtiva p°, 6mov z,zp pryadkol apBpoi.
B) Av lim f(x) <0, tote f(x) <0 xovTl GTO Xo.

v) Ioyver ot mux| < |x| yia kabe x € R.

8) Toyver ont: lim 21—

x—0 X

g) Muw ovveyng ocuvdpmon f dwtnpet Ipdono o KaBEVE 0d TO O10GTHLLOTA GTA
omoia ot dradoykég pileg e f xwpilovv 10 mEdio OPIGHOV TG,
Movaodeg 10

O®EMA B

Oempovpe TOVG PIYad1KOLS aplOUoVEC z Y10 TOVE OTOTOVE IGYVEL:

B1.

(z-2)(z-2)+|z-2|=2
Na anodeiEete 0TL 0 Ye®UETPIKOG TOTOG TOV EIKOVOV TOV UIYAdIKOV z, gival KOKAOG
ue kévrpo K(2,0) kat axtiva, p =1 (povadeg 5)

21T ouvEXEL, Yo KAOe [yodikd z 7OV OVIKEL GTOV TOPATAVED YEMUETPIKO TOTO, VO,
amodeifete 0T |z| < 3 (povadeg 3)
Movaoss 8



B2.  Av ot pyadwkoi apiBpol z;, za TOV CVAKOLY GTOV TAPOTAVE® YEMUETPIKO TOTO gival
pilec C ebiowong w* + pw +y =0, pe w pyadcd apdpd, Py € B, ko
[Im(z,) ~ Im(z,)] = 2
t61E VO amodeiete OTL
p=—4 xu y=5
Movaoses 9
B3. Oswpoipe Tovg pryadkog aplBpovg oo, o , 0z 0l OO0l AVIIKOVV GTOV YEMUETPIKO
o610 TOL gpTHATOC B1. Av 0 pryadikoc aptBuog v kavomotel tn oyéon:
V+omvtavtoa=0
tOTE VO OmOOEIEETE OTL:
v <4
Movaoss 8
OEMAT
Oewpovpe 11 cvvaptnoelg £, g R — B, ue f mapoywyion tétoteg 0ote:
o (f()+x)(f'x)+1)=x,y0xdbe x e R
e f(0)=1xm
3 2
e g(x)=x’ +i—l
2
I't.  No anodeiéerte OtL:
f(x)=~x*#l-x, xek
Movaoses 9
I'2.  Na Bpeite 1o TA00¢ TV TpAYHOTIKOV pLLdV 116 ESlomong
f(g() =1
Movaoss 8
I'3.  No anodeifete Ot1 VEAPYEL TOVAAYLIOTOV EVAL X, € (0, %j TETO10, OOTE!
0 /4
[ af@di=f|x—-=|eox,
Xo 7 4
Movaoss 8
OEMA A

‘Eoto f: (0, + ) — R po mtopaymyiciun cuvaptmon yia v onoia 16x00uV:

H f' eivon yynoimg avéovca o1o (0, + )

« f)=1

mf(1+5h)—f(l—h) ~0

h



Bempovye eniong T cvvapTnoN

g(x)= I:%dt, xe(l,+o) war a>1

Noa amodeiéete Otl:

Al.

A2.

A3.

f'(1) = 0 (novdoeg 4), kabhg emiong 6Tt 1 f mopovoidlel eddyloto oto Xp = 1

(novadec 2).
Movaosgs 6

n g elvatl yvnoing avéovoa (Lovadeg 3), Kot 6T cLVEXELR, Vo ADGETE TNV avicmon

octo R.
8x”+6 2x*r6
J.8x2+5 g(u)du > J-ths g(u)du (povadeg 6)
Movadeg 9
1 g &ivan kop), Kabng eniong 0tin edicwon

(a—1)j:%dt:(f(a)—l)(x—a), x>1

Exel axpiPdg pio Avon.
Movaodeg 10





